PE CUONG TOAN 12 GIUA HQC KY 11 - NAM HQC 2023-2024

I/ NGUYEN HAM
Cau 1: Khang dinh nao duéi day ding?

1 4 1 3 ¢ 1 2 1 g2
A. J'x3dx=x3+C. B. ijdx=—x3+C. C. jx3dx:x3+C.D. Ix3dx=—x3+C.
4 2

Cau 2: Cho ham sé f(x) =cosx—x . Khang dinh nao duéi day dung?

2
A. [ (x)dx =—sinx+x* +C. B. jf(x)dx:—sinx—%m.
2
C. [ f(x)dx=sinx—x*+C. D. jf(x)dx:sinx—%+C.
Cau 3: Cho ham sé f(x) =e* +2x. Khiang dinh nao sau day dung?
A [f(dx=e"+C B. [f(X)dx=€"+x*+C
C.[f(qgdx=e*+2x*+C D.[f(X)dx=¢"—x*+C
Cau 4: Chohamsé f(x)=1— o Khang dinh nao duéi day dung?
cos? 2x
A. J'f(x)dx=x+%tan2x+c B. [ f(X)dx=x+tan2x+C
1 1
C.jf(x)dx:x—ztan2x+C D.jf(x)dx=x+§cot2x+C

Cau 5: Cho [Ldx=F (x)+C . Khing dinh nao duéi day ding?
X

AF()=2. B F(x)=Ix, F'(x)=2 D. F'(x)=——.

Cau 6: Biét F(x) 1a mot nguyén ham ctiia ham s6 f (x ) x*. Tinh F’(25).
Cau 7: Ham s6 F(x) =€ la nguyén ham cta ham sb nao trong cac ham sé sau:

XZ

A f(x)=2xe°. B. f(x)=x%"-1. C. f(x)=¢*. D. f(x)=2

Céu 8: Cho F(x) la mot nguyén ham caa ham f (x)= ; biet F(0)=2. Tinh F(1).

2X+1

Cau 9: Tinh nguyén ham j bang cach dit t =+/x+4 ta thu duoc nguyén ham nao?

X+4

11/ TICH PHAN
1 3 3

Cau 10: Néu [ f(x)dx=2 va [ f(x)dx=5 thi [ f(x)dx bang
0 1 0

Cau 11: Cho ham sé f(x) lién tuc trén R. Bict ham s6 F(x) la mot nguyén ham cia f (x)

trén R va F(2)=6,F(4)=12. Tinh tich phan [ f (x)dx
2

2 2
Cau 12: Néu [ f (x)dx =4 thi jB f (x)+2}dx bang bao nhiéu?
0 0



5 -1
Cau 13: Néu [ f(x)dx=-3 thi | f(x)dx bing bao nhiéu?
-1 5
Cau 14: Cho [ f(x)dx =—-cosx+C . Khang dinh nao dudi day dung?
A f(x) =—-cosx B. f (X) =—sinx C.f(x)=sinx D. f (x) =cosx

Cau 15: Néu J'f X)dx = 2 thi j3f x)dx bang
Cau 16: Néu j f(x)dx =5 va j f (x)dx =—2 thi Tf(x)dx bang bao nhiéu?
1 1
Cau 17: Néu T[Zf x)+1]dx =5 thi jf x)dx bang bao nhiéu?
1
Cau 18: Cho ham s6 f(x) lién tuc trén R thod méan jf x)dx =9, jf X)dx =3,

jf X)dx =5. Tmhl_jf

Céu 19: Cho f, g la hai ham lién tuc trén doan [1;3] thoa:

zf[f (x)+3g(x) dx =10, I[Zf (x)-g(x)Jdx=6. Tinh I[f (x)+g(x) dx.

T

Cau 20: Cho ham sb f(x). Biét f(0)=4 va f'(x)=2sin’x+3, vxeR, khi d6 jf(x)dx
0

bang bao nhiéu?

CAu 21: Biét ring ton tai duy nhat cac bo s6 nguyén a,b,c sao cho
3
[(4x+2)Inxdx=a+bIn2+cIn3. Gia trj cia a+b+c bang bao nhiéu?

2

Cau22:Cho I = j sin x.e**dx . Néu dit t =cosx thi ta dugc tich phan nao?

IV/ UNG DUNG TiCH PHAN

Cau 23: Tinh thé tich khdi tron xoay thu dugc khi quay hinh phang gigi han bai hai duong
y =—x*+2x va y=0quanh truc Ox bang

Cau 24: Lap cbng thtc tinh dién tich hinh phang duoc gach chéo trong hinh
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Cau 25: Dién tich S cua hinh phang giéi han boi cac duong y=2x?, y=-1, x=0 va x=1
duoc tinh bai cong thirc nao ?
Cau 26: Dién tich hinh phang giéi han bai hai duong y = x> —4 va y=2x—4 bing
Cau 27: Goi S la dién tich cua hinh phang giéi han boi cac duong y=2*, y=0, x=0,
x = 2. Ménh d& nao duéi day ding?
A. S:ﬁjZde B. S='2[2de C. Sz;z.szZde D. S=f2“dx
0 0 0 0

CAu 28: Cho ham s6 y = f (x) lién tuc trén R. Goi S la dién tich hinh phang gi¢i han béi
cac duong y=f(x),y=0,x=-1va x=5.

L

YN

Ménh dé nao sau day ding?

A. S= —j f (x)dx —Js' f(x)dx. B. S= j f (x)dx +i f (x)dx.
C.S :Jl' f (x)dx —j' f (x)dx. D. S :—Jl' f(x)dx+i f (x)dx.

Cau 29: Tinh dién tich hinh phang gidi han boi d6 thi ham sb y = x* —x va d6 thi ham sb

y =X—x°.

Cau 30: Viét cong thic tinh thé tich V cua khéi tron xoay duoc tao ra khi quay hinh thang
cong, gi¢i han béi do thi ham sé y = f (x), truc Ox va hai duong thang x=a,x=b(a<b),
xung quanh truc Ox.

Cau 31: Goi D la hinh phang giéi han boi cac duong y=e*, y=0, x=0 va x=1. Thé tich
cua khoi tron xoay tao thanh khi quay D quanh truc Ox bang:

V/ SO PHUC & CAC PHEP TOAN CONG, TRU, NHAN
Cau 32: Cho hai s6 phiic z, =2—i va z, =1+3i. Tim phan thyuc cua sé phic z, - z,.
Cau 33: Biém M trong hinh bén 13 diém biéu dién cta s6 phirc nao dudi day?
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Cau 34: Cho s phircc z=1-2i. Tim phan 4o cua s6 phuc z .
Cau 35: Trén mat phang toa do, tim toa do diém biéu dién sé phic z =2-7i



Cau 36: Cho sé phicc z=2+09i, tim phan thyc cua sé phic z2.

Cau 37: Trén mat phang toa do, biét tap hop diém biéu dién s6 phic z théa mén |z+2i[=1
la mot duong tron. Tam cua duong tron do6 c6 toa do ?

Cau 38: biém M trong hinh vé& bén biéu dién sé phtc z. Tinh module cua z.
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Cau 39: Cho hai s6 phtc z, =1+i va z, =2 -3i. Tinh mbdun cta s6 phic z, +z, .
Cau 40: Cho 2 s6 phiic z, =m+i va z, =m+(m+2)i (m la tham s6 thyc). C6 bao nhiéu gia
trj duong cua tham sé6 m dé z,z, 1a mot s6 thuan ao0?

VI/ HE TOA DQ Oxyz:
Cau 41: Trong khong gian Oxyz, cho hai véc to a=(a;a,;a,); b=(b;b,;h,)..
a/ Tim d¢ dai moi véc to
b/ Tim diéu kién dé hai vec to vubng goc
¢/ Tim diéu kién dé hai vec to cing phuong?
e/ Cong thirc tinh tich c¢6 hudng cua hai vec to
Cau 42: Trong khdng gian Oxyz, cho hai vecto u =(1,2;-2) va v=(2-2;3).

a/ Tim toa d6 cua vecto 2u —3v b/ Tinh tich v6 huéng uv
¢/ Tinh goc gitra hai véc to u;v d/ Tinh tich ¢6 hudng cua hai vec to u;v
CAu 43: Trong khong gian Oxyz, cho diém A(L;2;-3).
a/ Hinh chiéu vudng goc cua A 18n truc Oy c6 toa do?
b/ Hinh ch,iéu vudng goc cua A Ién mat phang (Oxy) c6 toa do?
c/ Di@m d@i xung vai A qua truc Oz ¢ toa do ?
¢/ Biém doi xang véi A qua mp(Oxz) cé toa do ?
Cau 44: Trong khdng gian Oxyz, cho hai diém A(3;1;-2), B(2;-3;5). Piém M thudc doan
AB sao cho MA=2MB. Tim toa d6 diém M
Cau 45: Trong khdng gian véi hé toa do Oxyz, cho cac diem A(L0;3), B(2;3,-4), C(-312)
. Tim toa d6 diém D sao cho ABCD Ia hinh binh hanh.
CAu 46: Trong khdng gian véi hé toa do Oxyz, cho ba diém A(2-15),B(5,-57),M (x;y;1).
Véi gia tri ndo caa x,y thi A B,M thang hang.

VII/ PHUONG TRINH MAT CAU:

Cau 47: Viét phuong trinh mit cau (S) c6 tam 1(1,2;-1) va ban kinh R=2.
Cau 48: Viét phuong trinh mat cau duong kinh AB, biét A(5;2;1) va B(L;0;1).
Cau 49: Tim d6 dai duong kinh cua miat cau (S): x? +(y —2)2 +(z+1)* =6.




Cau 50: Tim toa do tdm | ctia mat cau (S): x* +y? +2° —2x—4y -6z +1=0.

Cau 51: Viét phuong trinh cho mat cau (S) c6 tdm 1(0;0;-3) va di qua diem M (4;0;0).
Cau 52: Trong khong gian hé toa dd Oxyz , tim tat ca c&c gi tri cia m dé phuong trinh

X +y?+2°—2x—2y—4z+m=0 13 phuong trinh ctia mdt mat cau.

CAu 53: Viét phuong trinh mat cau (S) tam 1(2;1-2) va tiép xdc véi mat phang
(P):2x+2y-z-2=0.

Cau 54: Trong khong gian vai hé truc toa do Oxyz, cho mat phang
(P):2X+2y+z-m?-3m=0 va mit cau (S):(x—l)2 +(y+1)2 +(z—1)2 =9. Tim tit ca cac gia
tri cia m dé (P) tiép xuc véi (S).

VIII/ PHUONG TRINH MAT PHANG TRONG HE TOA PO Oxyz:
Cau 55: Viét phuong trinh cac mat phang (Oxz), (Oxy), (Oyz)

Cau 56: Tim mot vecto phép tuyén cua (a):3x+2y-4z+1=0

Cau 57: Viét phuong trinh mt phang di qua diém A(1;2;-3) c6 véc to phap tuyen

n=(2;-1;3)
Cau 58: Cho hai diem A(0;1,1) ) va B(12;3). Viét phuong trinh mat phang (P) di qua diem
A va vudng géc véi duong thang AB. 7
Cau 59: Vieét phuong trinh mat phang (Q) di qua diém M (2;1;,—-2) va song song véi mat
phang (P):3x—2y+z+1=0.
Cau 60: Viét phuong trinh mit phang (ABC), biét A(3;0;0), B(0;1,0) va C(0;0;-2).
Cau 61: Viét phuong trinh mét phang trung truc cua doan thang AB, biét A(-12;0) va
B(3,0;2).
CAu 62: Viét phuong trinh mit phang (Q) qua hai diém A(L,2;-1); B(-10;1) va vudng gdc
mat phang (P):x+2y—-z+1=0.
Cau 63: Cho hai mat phang (a):3x—2y+2z+7=0,(f):5x—4y+3z+1=0. Viét phuong
trinh mat phang di qua gbc toa do O dong thoi vudng goc véi ca(a) va (B).
Cau 64: Trong khong gian Oxyz, cho hai mat phang (P):x-3y+2z-1=0,(Q):x-z+2=0.
Mt phang (a) vudng goc véi ca (P) va (Q) dong thoi cdt truc Ox tai diem c6 hoanh do
bdng 3. Viét phuong trinh cia mp ().
Cau 65: Trong khong gian véi hé toa d6 Oxyz, cho mat phang (a):x+y+z-6=0. Piém
nao dudi day khong thudc («)?

A. Q(3;3,0) B. N(2;2;2) C. P(12:3) D. M (L-11)
Cau 66: Trong khong gian véi h¢ toa & Oxyz, cho mat phang (P):x—2y+z-5=0. Diém
nao dudi day thugc (P)?

A. P(0;0;-5) B. M(316) C. Q(2-15) D. N(-5;0;0)
Cau 67: Trong khéng gian Oxyz,, mat phang nao dudi day di qua gbc toa d6?

A. x+20=0. B. x-2019=0. C. y+5=0. D. 2x+5y—8z=0.



Cau 68: Tinh khoang cach d tir diem A(L-2;3) dén mat phang (P): 3x+4y+2z+4=0 .
Cau 69: Cho mgt phang (P) tiép xdc véi mat cau S(O;R). Goi d 1a khoang cach tir O dén
(P). Khang dinh nao duéi day ding?

A.d<R. B.d>R. C.d=R. D.d=0.

IX: TONG HOP VAN DUNG CAO:
Cau 70: Chohamsé y = f (x)c6 dao ham lién tyc trén doan [0;1] théaman f(1)=0 va

1 1
jxmf (x)dx=2. Tinh jxm‘ f'(x)dx?
0 0

Cau 71: Duong gap khiic ABC trong hinh vé bén 1a d6 thi ciia ham s y = f (x) trén doan
[-2;3].

CH'
A 1| B
¥ii GE\D 3
-2 O 1

3
Tinh tich phén | f (x)dx.
2

Cau 72: Cho ham s6 bac hai y = f (x) c6 do thi (P) va duong thang d cét (P) tai hai diem

nhu trong hinh v& bén. Biét ring hinh phing gioi han boi (P) va d c6 dién tich S = %

6
Tinh tich phén [(2x-5) f'(x)dx.

@] 1 G



Céau 73:

Céau 74:

Céau 75:

Céau 76:
Céau 77:

Céau 78:

Cau 79:

Céu 80:

Céu 81:

Céu 82:

Cau 83

Céu 84:

Cho ham sb f(x) théa man —xf'(x).Inx+ f(x)=2x"f*(x), Vxe(L+w0),
(x)>0,¥x e (L+o0)va f(e):eiz. Tinh dién tich s hinh phang gisi han boi db thi

y=xf(x),y=0,x=¢,x=¢

Cho ham s6 y=f(x) c6 dao ham lién tuc trén doan [0;1] va thoa
3 2 1

F(x)+ F(x) = 222X 5%t @)1 (0)=2; [f(x)dx=0. Biét dien tich hinh
(x* —x+1) 0

phang gi¢i han béi @6 thi (C):y = f (x), truc tung va truc hoanh cé dang S =Ina—Inb
Vi a,b 12 cac s6 nguyén duong. Tinh T =a? +b?.

Chohamsd y = f (x)=x* +Jl'(x+ u) f (u)du c6 dd thi (C). Khi dé dién tich hinh phang
gi6i han bsi (C), truc tung,otiép tuyén cua (C) tai diém c6 hoanh do x =1 bing bao
nhiéu?

C6 bao nhiéu s6 phuc z théa man |2 :‘z —E‘ va ‘(z + 2)(E+2i)‘ =|z-2i["?

Cho s6 phitc z=a+bi (a,beR) thoa madn (1+i)z+2z=3+2i.Tinh P=a+b

Xét céc 0 phuc z thoa mén |2 —3-4i|=2|z|. Goi M va m lan luot la gid trj I6n nhat
va gia tri nhd nhat cua |z|. Gia tri cia M? +m? bang bao nhiéu?

Gia sir z,;2, 1a hai trong s6 céc s6 phic z thoa man (z-6)(8—i.z) 1a mot s6 thyc.
Biét rdng |z, —z,| =6. Gia tri nhd nhét ctia bieu thuc |z, +3z,| bang bao nhiéu?

Gia sir 7,2, & hai trong céc s6 phtc z thoa man (z-6)(8—iz) la sb thuc. Biét ring
|z, - 2,| =6. Gia tri nho nhét ctia |z, +3z,| bang bao nhiéu?

Cho céc sb phiic zva w thoa mén [z—4{=1 va |iw-2|=1. Khi |z+2w| dat gid tri nho
nhat, iz +w| bang bao nhiéu?

Trong khéng gian véi hé toa do Oxyz, cho ba diém A(0;12),B(2;-21),C(-210).
Khi d6, phuong trinh mit phang (ABC) la ax+y—z+d=0. Hay xac dinh a va d.

: Trong khong gian véi hé toa do Oxyz, cho mat phang («) di qua diem H(2,11) va

cat cac truc Ox, Oy, Oz lan luot tai A, B, C sao cho H Ia truc tdm tam gidc ABC.
Mt phang () c6 phuong trinh 1a ax+by+z+c=0. Tinhtong S=a+b+c

Trong khong gian véi hé toa d6 Oxyz, cho mat phang (Q) song song véi mat phang
(P):2x-2y+z-17=0.  Biét mat phang (Q) cit mat  cau
(S):x*+(y+2) +(z-1)" =25 theo mot dudng tron ¢d chu vi bang 6z . Tim phuong
trinh mat phang (Q).



